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Given a continuous function f : R → R with Mf (x, r) = sup
|x−y|≤r

|f(x) − f(y)|, the

so-called “Big Lip” and “Little Lip”functions are defined as follows:

Lip f(x) = ĺım sup
r→0+

Mf (x, r)

r
lip f(x) = ĺım inf

r→0+

Mf (x, r)

r
.

The big Lip function has been around for over one hundred years, while the little lip
function is a more recent phenomena, appearing for the first time in the mid 1990’s.
Although these two functions both measure the “Lipschitzness” of the function f
in some sense, they can behave quite differently. For example, it’s possible that
lip f = 0 almost everywhere while Lip f =∞ everywhere! In this talk I will examine
this dichotomy and look to characterize the subsets E of the real line which have the
property that there exists a function f such that Lip f =∞ on E and lip f = 0 on
E. I will also pose a number of interesting open problems related to this question.
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